Energy Dissipation during Diffusion at Metal Surfaces: Disentangling the Role of Phonons versus Electron-Hole Pairs by Rittmeyer, SP et al.
Energy Dissipation during Diffusion at Metal Surfaces:
Disentangling the Role of Phonons vs. Electron-Hole Pairs
Simon P. Rittmeyer,1, ∗ David J. Ward,2 Patrick Gu¨tlein,1 John Ellis,2 William Allison,2 and Karsten Reuter1
1Chair for Theoretical Chemistry and Catalysis Research Center,
Technische Universita¨t Mu¨nchen, Lichtenbergstr. 4, 85747 Garching, Germany
2Cavendish Laboratory, University of Cambridge,
Madingley Road, Cambridge, CB3 0HE, United Kingdom
Helium spin echo experiments combined with ab initio-based Langevin molecular dynamics sim-
ulations are used to quantify the adsorbate-substrate coupling during the thermal diffusion of Na
atoms on Cu(111). An analysis of trajectories within the local density friction approximation allows
the contribution from electron-hole pair excitations to be separated from the total energy dissipation.
Despite the minimal electronic friction coefficient of Na and the relatively small mass mismatch to
Cu promoting efficient phononic dissipation, about (20± 5)% of the total energy loss is attributable
to electronic friction. The results suggest a significant role of electronic non-adiabaticity in the rapid
thermalization generally relied upon in adiabatic diffusion theories.
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Energy dissipation during surface dynamical processes
at solid surfaces has been extensively studied, both due
to its paramount technological importance and intrigu-
ing fundamental richness. Scattering or adsorption of
molecules, diffusion and chemical reactions are all known
to be intricately governed by the detailed ways in which
chemical and kinetic energy is transferred into and out of
substrate degrees of freedom. On insulating or semicon-
ducting surfaces the dynamical coupling to the surface
can be attributed to the excitation of and interaction
with lattice vibrations with some confidence. In con-
trast, on metal surfaces the role of competing electronic
non-adiabatic effects such as electron-hole (eh) pair ex-
citations is a continuing topic of debate. In fact, there is
growing experimental evidence that can only be rational-
ized by breaking with the prevalent Born-Oppenheimer
view [1, 2]. It may even be argued that due to the contin-
uum of substrate electronic states at the Fermi edge, no
dynamical process can strictly be adiabatic at metal sur-
faces at all [3, 4]. On the other hand, many phenomena
still seem to be very well described using purely adiabatic
theories [5–9].
Recent ab initio calculations of dynamical phenomena
beyond the Born-Oppenheimer approximation have at-
tempted to resolve some of this ambiguity [10–14]. In
particular the numerically appealing concept of electronic
friction [10, 15–17] within the local density friction ap-
proximation (LDFA) [18, 19] has become a popular ap-
proach in this regard [14, 18, 20–24]. Scattering processes
[8, 14, 18, 25, 26] and (dissociative) adsorption events
[10, 14, 23, 27] have gained the most attention in this
context and with the high incident energies, short con-
tact times and massive charge rearrangements such pro-
cesses are likely to be good candidates for a high degree
of electronic non-adiabaticity.
In comparison to scattering and adsorption processes,
the situation is less clear for surface diffusion. On the
one hand, diffusing adsorbates are necessarily close to the
surface and in regions of high electronic density, with a
concomitant amount of electronic friction. On the other
hand, the comparably low velocities that are involved
may suppress the non-adiabatic channel and thus favor
a coupling to the phononic degrees of freedom to finally
render surface diffusion electronically adiabatic. Interest-
ingly, a significant contribution of non-adiabatic energy
dissipation in the transient H-atom diffusive motion fol-
lowing H2 dissociation over Pd(100) has been reported
by Blanco-Rey and co-workers only recently [20, 21, 24].
The results are consistent with a similar prediction by
Wahnstro¨m made for H diffusion on Ni(100) in the late
1980s [28]. Hydrogen diffusion is, however, a somewhat
special case given that competing phononic couplings are
small for this very light adsorbate [21, 24].
In order to obtain a more comprehensive insight into
the relative importance of lattice vibrations and eh-pair
excitations for the energy dissipation during surface dif-
fusion we therefore address the thermal motion of Na
on Cu(111). Alkali metal systems have long been used
as prototypical systems due to the relative simplicity of
their surface chemistry [29, 30] and the Na/Cu(111) com-
bination chosen for the current work benefits from having
a much higher adsorbate-substrate mass ratio in compar-
ison to H/Pd. Together with the thermally distributed
adsorbate velocities, the coupling to phononic degrees of
freedom might be expected to be significantly stronger.
Simultaneously, the electronic friction coefficient is a ma-
terial property that exhibits the well known Z1 oscilla-
tions as a function of the atomic number [17, 31, 32]. At
any embedding density of interest for surface diffusion,
the electronic friction is found to be particularly low for
light alkali metals. We might, therefore, expect mini-
mal eh-pair excitations during the diffusive dynamics of
sodium on a free-electron like metal such as copper. As
a consequence one would expect phononic coupling to
2FIG. 1. (Color online) Experimentally measured decay rates
α(∆K) along the [112] surface direction as opposed to those
extracted from simulations with a best-fit friction coefficient
of η = 10 amu ps−1 (solid blue line). The blue-shaded region
indicates the sensitivity when varying the free parameter η
by ±30%. Simulations using an optimum value for η, but
without adsorbate-adsorbate interaction potentials yield the
dashed sinusoidal red line. This line lacks the de Gennes
narrowing peak at small |∆K|, but is unaffected in the region
sensitive to the frictional coupling.
dominate the overall dynamic interaction with the sub-
strate for Na/Cu(111). Analyzing helium spin echo (3He-
SE) signatures for surface diffusion with ab initio-based
Langevin molecular dynamics (MD) simulations we nev-
ertheless find that the energy loss due to electronic fric-
tion contributes approximately (20 ± 5)% of the total
energy dissipation, thus reinforcing the view that diffu-
sion is an important class of dynamical processes in which
electronic non-adiabaticity is anything but negligible.
The helium spin echo technique utilizes the 3He nu-
clear spin as an internal timer, providing direct access to
the intermediate scattering function (ISF) I(∆K, t) at a
momentum transfer ∆K specified by the scattering ge-
ometry [33]. As a result of surface adsorbate motion the
(auto-)correlation determined through the ISF decays in
time, and for processes where the adsorbate couples to
the degrees of freedom of the substrate would typically
exhibit an exponential decay. The decay rate α(∆K)
is highly sensitive to the frictional adsorbate-substrate
coupling, with a functional dependence on ∆K charac-
teristic of the detailed diffusion mechanism [34, 35]. In
the present study experiments were conducted at a sur-
face temperature of 155 K with measurements along the
[112] azimuth of a Cu(111) crystal dosed to a coverage
Θ = 0.025 monolayers (ML) of sodium [36].
The form of α(∆K) extracted from the data is shown in
Fig. 1. At large values of |∆K| the behavior is indicative
of single-jump diffusion, consistent with the Chudley-
Elliott model [37] (dashed line), while at smaller val-
ues below about 0.6 A˚
−1
there is an obvious deviation
from the ideal sinusoidal signature that is consistent with
“de Gennes narrowing” [38] and observed for previous
works on repulsive interacting adsorbates [35], notably
sodium diffusing on the Cu(100) surface [39].
A quantification of the adsorbate-substrate frictional
coupling can be achieved within the kinematic scattering
approximation [35]. As further detailed in the SI [40], the
ISF is directly related to the real-space motion Rj(t) of
an ensemble of Natoms adsorbates j through the autocor-




exp [−i∆K ·Rj(t)] . (1)
Corresponding trajectories Rj(t) are conveniently ob-
tained from Langevin MD simulations, in which the over-
all friction coefficient η is varied until optimum agreement
with the experimental decay rates is obtained [34, 35, 41].
Specifically, in the current work we employed a system of
Natoms = 200 adatoms in a supercell consisting of an
(49 × 82) array of rectangular Cu(111) unit cells and
used T = 155 K to match the experimental Na coverage
and temperature. Appropriate averaging over 100 MD
runs accumulated over 1.6 ns (214 steps) each ensured
converged decay rates α(∆K).
To minimize the number of free parameters the two-
dimensional adsorbate-substrate potential energy surface
(PES) employed in the Langevin MD simulations was
determined by density-functional theory (DFT) calcula-
tions using CASTEP [42] at the generalized gradient
PBE functional level [43]. As detailed in the SI [40]
these calculations are used to parametrize an analyti-
cal Fourier representation of the PES, which faithfully
reproduces the DFT PES with a root mean square de-
viation of < 2 meV. As indicated by the de Gennes
narrowing feature at small |∆K| in Fig. 1, we addi-
tionally account for repulsive adsorbate-adsorbate inter-
actions through pairwise repulsive dipole-dipole interac-
tion potentials according to Kohn and Lau [44]. The
required (coverage-dependent) dipole moments of the re-
spective adatoms are obtained by fitting experimental
work function-change measurements [45] to the Topping
model of surface depolarization [46], as had already been
done successfully for Na on Cu(100) [47].
The resulting analysis exhibits only one remaining free
parameter, the friction coefficient η. As shown in Fig. 1
an optimized value of η = 10 amu ps−1 achieves an over-
all excellent agreement with the experimental measure-
ments. All prominent features in the experimental curve,
i.e. the modulation corresponding to the de Gennes nar-
rowing at small values of |∆K|, as well as the sinusoidal
line shape for larger values are qualitatively reproduced
with the major contributory factors to diffusion quanti-
tatively reproduced to a large extent. To obtain an esti-
mate of the sensitivity of our results, we additionally indi-
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FIG. 2. (Color online) Interpolated electronic friction coeffi-
cient ηeh−pairs(Rj) experienced by a Na atom along the [112]
(solid blue) and [110] (dashed red) surface direction. The hor-
izontal dark gray line indicates the determined ensemble- and
time-averaged electronic friction ηeh−pairs, with the light-gray
corridor indicating the standard deviation over all time steps
and trajectories.
cate in Fig. 1 the range of α(∆K) values we obtain when
varying the best-fit friction coefficient within ±30%. It
is obviously only the region at |∆K| > 0.7 A˚−1 that is
increasingly sensitive to this friction coefficient, and the
±30% uncertainty safely brackets the experimental error
bars. The small but apparently systematic deviations in
the lower |∆K| region are instead attributed to a conceiv-
ably insufficient treatment of adsorbate-adsorbate inter-
actions. When completely switching off the dipole inter-
actions in our simulations, the changes to the sinusoidal
shape predicted by the single jump-model [37] are exclu-
sively restricted to this low |∆K| region, cf. Fig. 1. Thus,
the friction value we obtain is completely robust with re-
spect to these aspects of our model. A similar robustness
is obtained with respect to the PES topology. As detailed
in the SI [40], variations of the diffusion barrier over the
bridge sites by ±30%, to account for inaccuracies of the
DFT PBE functional we use, also leads to a variation
of decay rates that fall almost exactly within the shaded
region in Fig. 1.
The friction coefficient has contributions from both
phononic and electronically non-adiabatic dissipation
[48]. In a two-bath model for diffusion, contributions
have been shown to be additive [49] so we can write
η ≈ ηphonons + ηeh−pairs . (2)
To disentangle the two dissipation channels approxi-
mately, we calculate the ensemble-averaged electronic
friction experienced over the Langevin-MD trajectories
within the LDFA [15, 17–19]. For this we first deter-
mine an analytic Fourier representation of the position-
dependent electronic friction coefficient of a diffusing Na
atom ηeh−pairs(Rj) using a procedure analogous to that
employed for the PES. At each DFT point RDFT calcu-
lated for the PES parametrization, the embedding den-
sity required in the LDFA ansatz is extracted from the
self-consistent total electronic density through an atoms-
in-molecules scheme based on Hirshfeld decomposition
[22]. The resulting grid of ηeh−pairs(RDFT) is subse-
quently expanded in a Fourier series as further detailed in
the SI [40]. Figure 2 illustrates the resulting continuous
electronic friction coefficient along two high symmetry
lines along the Cu(111) surface. Obviously, ηeh−pairs(Rj)
correlates with the inverse height-profile of the Na adsor-
bate; the closer the adsorbate is to the Cu(111) surface,
the higher the embedding density and the larger the fric-
tion coefficient becomes.
The average electronic friction experienced by the
entire Langevin ensemble of adatoms j is then ap-
proximated non-selfconsistently at each MD time step
as ηeh−pairs,av(t) =
∑Natoms
j ηeh−pairs (Rj(t)) /Natoms for
each trajectory generated in our best-fit simulations. Av-
eraging over all trajectories and time steps we finally ar-
rive at an estimate of the electronically non-adiabatic
dissipation contribution to the overall η of ηeh−pairs =
2.60 amu ps−1. As apparent from Fig. 2 this average
value is somewhere between the friction coefficients ex-
perienced at the most stable fcc and hcp adsorption sites
and the lowest-energy diffusion barrier over the bridge
sites. As also shown in the figure, the standard devia-
tion resulting from this average ηeh−pairs is very small
(±0.04 amu ps−1), consistent with the fact that the ther-
malized Na atoms spend the predominant time in the
corresponding (meta)stable basins of the PES. In terms
of the motion through the surface electron density, the
situation is thus highly comparable to vibrational dynam-
ics, an area where the LDFA has been shown to perform
quantitatively [22]. Correspondingly, we expect this level
of theory to provide a reliable assessment of the relative
amount of electronic friction, even though it would be
conceptually interesting to compare to higher-level theo-
ries that for instance account for tensorial aspects of fric-
tion [50] or that additionally provide the explicit eh-pair
excitation spectra [12, 51]. We further note that simi-
lar to the findings for adsorbate vibrations [22], a key
element in the use of the simple LDFA scheme is the ap-
propriate determination of the host embedding density
experienced by the adsorbate. For the analysis so far,
we used the atoms-in-molecules approach based on Hir-
shfeld’s projection scheme [22]. The corresponding inte-
grated Hirshfeld charges indicate a charge transfer of 0.3e
from a Na atom adsorbed in the fcc or hcp sites to the Cu
substrate, which naturally enhances the embedding den-
sity and thus the electronic friction coefficient. Use of the
independent-atom-approximation as originally employed
within the LDFA context [18] does not account for such
charge transfer in constructing the embedding density
but relies on the self-consistent screening of the underly-
ing isotropic model system. This would then predict an
ηeh−pairs that is just about 63% of the value determined
here. Due to the ambiguous choice of the embedding den-
sity, both methods can be considered to yield an upper
and lower limit of the LDFA approach, respectively [22].
Given these considerations and comparing the de-
4termined ηeh−pairs with the total friction coefficient,
we arrive at the surprising result that electronic non-
adiabaticity amounts to about (20± 5)% of the total en-
ergy dissipation, and this in a system that was selectively
chosen to minimize this dissipation channel. Tentatively,
we would thus expect even more pronounced influences of
eh-pair excitations in the diffusive motion of adsorbates
like potassium atoms, i.e., elements that correspond to a
maximum of the Z1 oscillations of the electronic friction
coefficient. As had been shown in the previous work on H
diffusion [20, 21, 24, 28], the relative contribution will, of
course, also be increased at smaller adsorbate-substrate
mass ratios by the concomitant suppression of phononic
dissipation. All in all, the picture that emerges is of sur-
face diffusion in which electronic non-adiabaticity plays
a much more prominent role than hitherto anticipated.
Indeed, one could conjecture that it is in fact electronic
non-adiabaticity that ensures rapid thermalization in ad-
sorbate systems with large frequency mismatch and that
explains the long-term success of adiabatic theories to de-
termine diffusion constants and other kinetic parameters
for growth and catalysis applications.
We thank J.I. Juaristi for providing us with an interpo-
lation function for the LDFA electronic friction coefficient
of sodium. SPR acknowledges support of the Technis-
che Universita¨t Mu¨nchen - Institute for Advanced Study,
funded by the German Excellence Initiative.
∗ Corresponding author: simon.rittmeyer@tum.de
[1] J. C. Tully, J. Chem. Phys. 137, 22A301 (2012).
[2] A. M. Wodtke, Chem. Soc. Rev. 45, 3641 (2016).
[3] J. C. Tully, Annu. Rev. Phys. Chem. 51, 153 (2000).
[4] A. M. Wodtke, J. C. Tully, and D. J. Auerbach, Int.
Rev. Phys. Chem. 23, 513 (2004).
[5] P. Nieto, E. Pijper, D. Barredo, G. Laurent, R. A. Olsen,
E.-J. Baerends, G.-J. Kroes, and D. Far´ıas, Science 312,
86 (2006).
[6] C. Dı´az, J. K. Vincent, G. P. Krishnamohan, R. A. Olsen,
G. J. Kroes, K. Honkala, and J. K. Nørskov, Phys. Rev.
Lett. 96, 096102 (2006).
[7] I. Goikoetxea, J. Beltra´n, J. Meyer, J. I. Juaristi, M. Al-
ducin, and K. Reuter, New J. Phys. 14, 013050 (2012).
[8] A. S. Muzas, J. I. Juaristi, M. Alducin, R. Dı´ez Muin˜o,
G. J. Kroes, and C. Dı´az, J. Chem. Phys. 137, 064707
(2012).
[9] P. M. Hundt, B. Jiang, M. E. van Reijzen, H. Guo, and
R. D. Beck, Science 344, 504 (2014).
[10] A. C. Luntz and M. Persson, J. Chem. Phys. 123, 074704
(2005).
[11] N. A. Shenvi, S. Roy, and J. C. Tully, Science 326, 829
(2009).
[12] J. Meyer and K. Reuter, New J. Phys. 13, 085010 (2011).
[13] M. Grotemeyer and E. Pehlke, Phys. Rev. Lett. 112,
043201 (2014).
[14] S. M. Janke, D. J. Auerbach, A. M. Wodtke, and A. Kan-
dratsenka, J. Chem. Phys. 143, 124708 (2015).
[15] P. Echenique, R. Nieminen, and R. Ritchie, Solid State
Commun. 37, 779 (1981).
[16] B. Hellsing and M. Persson, Phys. Scr. 29, 360 (1984).
[17] P. M. Echenique, R. M. Nieminen, J. C. Ashley, and
R. H. Ritchie, Phys. Rev. A 33, 897 (1986).
[18] J. I. Juaristi, M. Alducin, R. Dı´ez Muin˜o, H. F. Bus-
nengo, and A. Salin, Phys. Rev. Lett. 100, 116102
(2008).
[19] Y. Li and G. Wahnstro¨m, Phys. Rev. Lett. 68, 3444
(1992).
[20] M. Blanco-Rey, J. I. Juaristi, R. Dı´ez Muin˜o, H. F. Bus-
nengo, G. J. Kroes, and M. Alducin, Phys. Rev. Lett.
112, 103203 (2014).
[21] D. Novko, M. Blanco-Rey, J. I. Juaristi, and M. Alducin,
Phys. Rev. B 92, 201411 (2015).
[22] S. P. Rittmeyer, J. Meyer, J. I. Juaristi, and K. Reuter,
Phys. Rev. Lett. 115, 046102 (2015).
[23] B. Jiang, M. Alducin, and H. Guo, J. Phys. Chem. Lett.
7, 327 (2016).
[24] D. Novko, M. Blanco-Rey, M. Alducin, and J. I. Juaristi,
Phys. Rev. B 93, 245435 (2016).
[25] L. Martin-Gondre, M. Alducin, G. A. Bocan, R. Dı´ez
Muin˜o, and J. I. Juaristi, Phys. Rev. Lett. 108, 096101
(2012); 108, 139901(E) (2012).
[26] I. Goikoetxea, J. I. Juaristi, M. Alducin, and R. D.
Muin˜o, J. Phys. Condens. Matter 21, 264007 (2009).
[27] G. Fu¨chsel, S. Schimka, and P. Saalfrank, J. Phys. Chem.
A 117, 8761 (2013).
[28] G. Wahnstro¨m, Chem. Phys. Lett. 163, 401 (1989).
[29] R. D. Diehl and R. McGrath, J. Phys. Condens. Matter
9, 951 (1997).
[30] C. Huang, G. Fratesi, D. A. MacLaren, W. Luo, G. P.
Brivio, and W. Allison, Phys. Rev. B 82, 081413 (2010).
[31] A. Arnau, P. Echenique, and R. Ritchie, Nucl. Instrum.
Meth. B 33, 138 (1988).
[32] H. Winter, C. Auth, A. Mertens, A. Kirste, and M. J.
Steiner, Europhys. Lett. 41, 437 (1998).
[33] A. Jardine, H. Hedgeland, G. Alexandrowicz, W. Allison,
and J. Ellis, Prog. Surf. Sci. 84, 323 (2009).
[34] A. P. Jardine, J. Ellis, and W. Allison, J. Chem. Phys.
120, 8724 (2004).
[35] A. P. Jardine, G. Alexandrowicz, H. Hedgeland, W. Al-
lison, and J. Ellis, Phys. Chem. Chem. Phys. 11, 3355
(2009).
[36] We define a full monolayer such that Θ = 1 ML corre-
sponds to one Na atom per Cu(111) surface atom in the
first layer.
[37] C. T. Chudley and R. J. Elliott, P. Phys. Soc. 77, 353
(1961).
[38] P. D. Gennes, Physica 25, 825 (1959).
[39] G. Alexandrowicz, A. P. Jardine, P. Fouquet, S. Dworski,
W. Allison, and J. Ellis, Phys. Rev. Lett. 93, 156103
(2004).
[40] See Supplemental Material at [URL will be inserted by
publisher] for a description of computational and exper-
imental details. The Supplemental Material additionally
includes Refs. [52–68].
[41] B. A. J. Lechner, H. Hedgeland, A. P. Jardine, W. Alli-
son, B. J. Hinch, and J. Ellis, Phys. Chem. Chem. Phys.
17, 21819 (2015).
[42] S. J. Clark, M. D. Segall, C. J. Pickard, P. J. Hasnip,
M. I. J. Probert, K. Refson, and M. C. Payne, Z. Kristal-
logr. 220, 567 (2005).
[43] J. P. Perdew, K. Burke, and M. Ernzerhof, Phys. Rev.
Lett. 77, 3865 (1996); 78, 1396 (1997).
5[44] W. Kohn and K.-H. Lau, Solid State Commun. 18, 553
(1976).
[45] N. Fischer, S. Schuppler, T. Fauster, and W. Steinmann,
Surf. Sci. 314, 89 (1994).
[46] J. Topping, Proc. R. Soc. London A 114, 67 (1927).
[47] J. Ellis, A. P. Graham, F. Hofmann, and J. P. Toennies,
Phys. Rev. B 63, 195408 (2001).
[48] T. Ala-Nissila, R. Ferrando, and S. C. Ying, Adv. Phys.
51, 949 (2002).
[49] R. Mart´ınez-Casado, A. Sanz, J. Vega, G. Rojas-Lorenzo,
and S. Miret-Arte´s, Chem. Phys. 370, 180 (2010).
[50] M. Askerka, R. J. Maurer, V. S. Batista, and J. C. Tully,
Phys. Rev. Lett. 116, 217601 (2016).
[51] M. Timmer and P. Kratzer, Phys. Rev. B 79, 165407
(2009).
[52] SAES Getters, “Alkali metal dispensers,”
https://www.saesgetters.com/products/
alkali-metals-dispensers (2000), accessed: 2016-08-
08.
[53] D. Tang, D. McIlroy, X. Shi, C. Su, and D. Heskett,
Surf. Sci. Lett. 255, L497 (1991).
[54] A. Carlsson, S.-A. Lindgren, C. Svensson, and
L. Wallde´n, Phys. Rev. B 50, 8926 (1994).
[55] S. D. Borisova, G. G. Rusina, S. V. Eremeev, G. Benedek,
P. M. Echenique, I. Y. Sklyadneva, and E. V. Chulkov,
Phys. Rev. B 74, 165412 (2006).
[56] G. Witte, J. Phys. Condens. Matter 16, S2937 (2004).
[57] D. Vanderbilt, Phys. Rev. B 41, 7892 (1990).
[58] H. J. Monkhorst and J. D. Pack, Phys. Rev. B 13, 5188
(1976).
[59] A. P. Graham, J. Toennies, and G. Benedek, Surf. Sci.
556, L143 (2004).
[60] H. Lu¨th, Solid Surfaces, Interfaces and Thin Films, 5th
ed., Graduate Texts in Physics (Springer, Berlin, 2014).
[61] M. Diamant, S. Rahav, R. Ferrando, and
G. Alexandrowicz, J. Phys. Condens. Matter 27,
125008 (2015).
[62] G. Bussi and M. Parrinello, Phys. Rev. E 75, 056707
(2007).
[63] G. Bussi, D. Donadio, and M. Parrinello, J. Chem. Phys.
126, 014101 (2007).
[64] T. L. Ferrell and R. H. Ritchie, Phys. Rev. B 16, 115
(1977).
[65] M. J. Puska and R. M. Nieminen, Phys. Rev. B 27, 6121
(1983).
[66] F. Hirshfeld, Theor. Chim. Acta 44, 129 (1977).
[67] J. Ellis and A. Graham, Surf. Sci. 377–379, 833 (1997).
[68] L. Van Hove, Phys. Rev. 95, 249 (1954).
